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. $D_{n,m}:=\{(z, \zeta)\in \mathbb{C}^{n}\cross \mathbb{C}^{m};||\zeta||^{2}<e^{-\mu||z||^{2}}\}$
( , $\mu$ ).
\S 2 Fock-Bargmann ( 2.2) Ligocka
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.
. [3, 4, 16, 20, 25, 26] . Bergman
( [4] ).
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22.1
$\Omega\subset \mathbb{C}^{n}$ $L_{a}^{2}(\Omega)$ $\Omega$
( $L_{a}^{2}(\Omega)$ ). , $L_{a}^{2}(\Omega)$
$\{\phi_{k}(z)\}_{k=1}^{\infty}$
$K_{\Omega}(z, w)= \sum_{k=1}^{\infty}\phi_{k}(z)\overline{\phi_{k}(w)}$,
. $K_{\Omega}$ . .
, $L_{a}^{2}(\Omega)$
$\langle f,g\rangle=\int_{\Omega}f(z)\overline{g(z)}dz$ , $f,g\in L_{a}^{2}(\Omega)$ ,
. $K_{w}(z)=K(z, w)$ $f\in L_{a}^{2}(\Omega)$
$f(z)=\langle f,$ $K_{z} \}=\int_{\Omega}f(w)K(z, w)dw$ $(z\in\Omega)$ ,
.
. $\rho(z)$ $\Omega$ . $\Omega$





2.1 ( ). $\mathbb{D}=\{z\in \mathbb{C};|z|<1\}$ $L_{a}^{2}(\mathbb{D})$
$\{\pi^{-1/2}(n+1)^{1\prime 2}z^{n}\}$ ,




2.2 (Fock-Bargmann ). Fock-Bargmann $L_{a}^{2}(\mathbb{C}^{n}, e^{-\mu||z||^{2}})$ (




$\{g_{\alpha}\}_{\alpha\in \mathbb{Z}_{\geq 0}^{n}}=\{(\frac{\pi^{n}\alpha!}{\mu^{|\alpha|+n}})^{-1/2}z^{\alpha}\}_{\alpha\in \mathbb{Z}_{\geq 0}^{n}}\subset L_{a}^{2}(\mathbb{C}^{n}, e^{-\mu||z||^{2}})$,
, $\{g_{\alpha}\}$ $L_{a}^{2}(\mathbb{C}^{n}, e^{-\mu||z||^{2}})$ .
Fock-Bargmann $K_{n,\mu}(z, w)$







$\bullet$ minimal ball [18],
$\bullet$ complex ellipsoids [10, 19],






2.1. (polylogarithm function) $Li_{s}(z)= \sum_{k=1}^{\infty}k^{-s}z^{k}$




. $A(?l,$ $’\prime l)$
$A(n, m)= \sum_{\ell=0}^{7n}(-1)^{\ell}(\begin{array}{ll}n +1 \ell\end{array})(m- \ell)^{\gamma\gamma}$ ,
.
. , $s=1$
$\log(1-z)$ . $s=2$ dilogarithm
. $s$





$Li_{-1}(z)= \frac{z}{(1-z)^{2}}$ , $Li_{-2}(z)= \frac{z^{2}+z}{(1-z)^{3}}$ , $Li_{-3}(z)= \frac{z^{3}+4z^{2}+z}{(1-z)^{4}}$ ,
$Li_{-4}(z)= \frac{z^{4}+11z^{3}+11z^{2}+z}{(1-z)^{5}}$ , $Li_{-5}(z)= \frac{z^{5}+26z^{4}+66z^{3}+26z^{2}+z}{(1-z)^{6}}$ .
.
2.1.
(1) $\frac{d}{dt}Li_{s}(t)=Li_{s-1}(t)/t$ ([6, (2.1)] ),
(2) $\sum_{j}^{n}=o(-1)^{n+j}j!S(n, j)(1-t)^{-1-j}=Li_{-n}(t)/t$ ([6, $(2.10b)]$ ),
$S(n, m)$ 2 :
$S(n, m)= \frac{1}{m!}\sum_{i=0}^{m}(-1)^{i}(\begin{array}{l}mi\end{array})(m-i)^{n}$ .
2.3 Ligocka
. $\Omega$
$\mathbb{C}^{n}$ ( ) ) $p(z)$ $\Omega$ , .
, $\Omega_{m}$ $\Omega_{m}:=\{(z, \zeta)\in\Omega\cross \mathbb{C}^{m};||\zeta||^{2}<p(z)\}$ .
Ligocka $\Omega_{m}$ $\Omega$
.
2.1 ([17]). $K_{m}$ $\Omega_{m}$ , $K_{\Omega,p^{k}}$ $\Omega$ $p^{k}$
. $K_{m}$
.
$K_{m}((z, \zeta), (z’, \zeta’))=\frac{m!}{\pi^{m}}\sum_{k=0}^{\infty}\frac{(m+1)_{k}}{k!}K_{\Omega,p^{k+m}}(z, z’)\langle\zeta,$ $\zeta’\rangle^{k}$ .
, $(a)_{k}$ Pochhammer symbol$(a)_{k}=a(a+1)\cdots(a+k-1)$ .
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$\Omega_{m}=\{(z, \zeta_{1}, \cdots, \zeta_{N})\in\Omega\cross \mathbb{C}^{m_{1}}\cdots\cross \mathbb{C}^{m_{N}};\sum_{i=1}^{N}\frac{||\zeta_{i}||^{2}}{\phi_{i}(z)}<1\}$ ,
( $N=l$ Ligocka ).




Inflation . 2.3 .
$\Omega_{1}$ $(z, \zeta)\mapsto(z, e^{i\theta}\zeta)$ . , $\Omega_{1}$ $K_{1}$
, $L(\cdot,$ $\cdot,$ $\cdot)$ , $K_{1}((z, \zeta), (z’, \zeta’))=L(z, z’, \zeta\zeta’)$ . [3] Boas
$K_{m}$ $L$ .
2.2. $\Omega_{m}$ $K_{?n}$ $L$ :
$K_{m}((z, \zeta), (z’, \zeta’))=\frac{1}{\pi^{m-1}}\frac{\partial^{m-1}}{\partial t^{m-1}}L(z, z’, t)|_{t=\langle\zeta,\zeta’\rangle}$ .






3.1. $P$ . $c_{j}$ $P(x)= \sum_{j}^{degP}=0c_{j^{\frac{(x)_{j}}{j!}}}$
. ,
$\sum_{k=0}^{\infty}P(k+1)\xi^{k}=\sum_{k=0}^{\infty}\sum_{j=0}^{degP}c_{j}\frac{(k+1)_{j}}{j!}\xi^{k}=\sum_{j=0}^{degP}c_{j}(1-\xi)^{-j-1}$ ,
. $P(x)=x^{n}$ $c_{j}^{n}=(-1)^{n+j}j!S(n,j)$ .
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Proof. , $c_{j}^{n}$ .
Pochhammer symbol $(a)_{k}$ falling factorial $(a)^{\underline{k}}=a(a-1)\cdots(a-(k-1))$
$(a)_{k}=(-1)^{k}(a)^{\underline{k}}$ $x^{n}$ falling factorial
$x^{n}= \sum_{j}^{n}=0S(n\}j)(x)^{\underline{j}}$ $x^{n}= \sum_{J}^{\prime\iota}=0(-1)^{n+j}S(n_{i}j)(x)_{j}$ ,
. $c_{j}^{n}=(-1)^{n+j}j!S(n, j)$ .
.
3.1. $D_{n,m}$ $K_{D_{n_{1}m}}$ :
$K_{D_{n,m}}((z, \zeta), (z’, \zeta’))=\frac{\mu^{n}}{\pi^{n+m}}e^{m\mu\langle z,z’)}\frac{d^{m}}{dt^{m}}Li_{-n}(t)|_{t=e^{\mu(z,z’\rangle}\langle\zeta,\zeta’\rangle}$ (1)
$= \frac{\mu^{n}}{\pi^{n+m}}\frac{d^{m-1}}{dt^{m1}\neg}\frac{Li_{-(n+1)}(e^{\mu\langle z,z’)}t)}{t}|_{t=\langle\zeta_{2}\zeta’\rangle}$ . (2)
Proof. 2.2 Fock-Bargmann Ligocka $D_{n,1}$





$\frac{\mu^{n}e^{\mu\langle z,z’\rangle}}{\pi^{n+1}}\frac{Li_{-(n+1)}(e^{\mu\langle z,z’\rangle}t)}{t}|_{t=\zeta\overline{\zeta’}}$ .
$m=1$ . $m$ $m=1$
Inflation .
, $L(\cdot,$ $\cdot,$ $\cdot)$
$L(z, z’, t)= \frac{\mu^{n}e^{\mu\langle z.z’)}}{\pi^{n+1}}\frac{Li_{-(n+1)}(e^{\mu(z_{1}z’\rangle}t)}{t}$ ,
, Inflation (2) . (2) (1)
2.1.(1) . . $\square$






\S 1 , $D_{n,m}$ Lu Qi-Keng . [23]
$D_{n,m}$ Lu Qi-Keng .
4.1. $Li_{-n}(z)/z$ $n\geq 3$ $|z_{0}|<1$ $z_{0}$ . $n=1,2$
$|z_{0}|<1$ ( 2.3 ).
42. $Li_{-2}(t)’ t$ $m-1$
$\frac{d^{m-1}}{dt^{m-1}}\frac{Li_{-2}(t)}{t}=\frac{(m+1)!(t+m)}{(1-t)^{m+2}}$ ,
.









1. $D_{n_{1}m}$ $Lu$ Qi-Ken9 ?




4. Kashiwara holonomy ?
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